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On products of consecutive integers

By WU-XIA MA (Nanjing) and YONG-GAO CHEN (Nanjing)

Abstract. Let pk be the k-th prime number, and let νp(n) be the p-adic valuation

of a positive integer n. Recently, Yang, Luca and Togbé proved that νp
(
(pk +1)(pk +2)

· · · (pk+1−1)
)
≤ νp

(
( 1
2
(pk+1 − 1))!

)
for any integer k ≥ 5 and any prime p ≤ 1

2
(pk+1−1).

In this paper, as a corollary, we prove that for any positive real number α, there exists

a positive integer Kα such that νp
(
(pk +1)(pk +2) · · · (pk+1 − 1)

)
≤ νp (⌊α(pk+1 − 1)⌋!)

for any integer k ≥ Kα and any prime p ≤ α(pk+1 − 1).
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